The higher order moments of the net-baryon distributions in relativistic heavy ion collisions are useful probes for the QCD critical point and fluctuations. Within a simple model we study the colliding energy and centrality dependence of the net-proton distributions in the central rapidity region. The model is based on considering the baryon stopping and pair production effects in the processes. Based on some physical reasoning, the dependence is parameterized. Predictions for the net-proton distributions for Au+Au and Pb+Pb collisions at different centralities at √ sNN =39 and 2760 GeV, respectively, are presented from the parameterizations for the model parameters. A possible test of our model is proposed from investigating the net-proton distributions in the non-central rapidity region for different colliding centralities and energies.
I. INTRODUCTION
The investigation of QCD phase diagram is of crucial importance for our understanding of the properties of matter with strong interactions. Lattice QCD calculations have predicted, at vanishing baryon chemical potential, the occurrence of a cross-over from hadronic phase to the deconfined quark-gluon plasma phase above a critical temperature of about 170-190 MeV [1, 2] . A distinct singular feature of the phase diagram is the QCD critical point [3] which is located at the end of the transition boundary. A characteristic feature of the QCD critical point for systems in the thermodynamical limit is the divergence of the correlation length ξ and extremely large critical fluctuations. In ultra-relativistic heavy ion collisions, however, because of finite size and rapid expansion of the produced system, those divergence may be washed out. As estimated in [3] , the critical correlation length in heavy ion collisions is not divergent but only about 2-3 fm. So the signals for the critical point of the system produced in heavy ion collisions cannot be observed as clearly as in the condensed matter physics. However, remnants of those critical large fluctuations may become accessible in heavy ion collisions through an event-by-event analysis of fluctuations in various channels of conservative hadron quantum numbers, for example, baryon number, electric charge, and strangeness [4] . Particularly there would be a non-monotonic behavior of non-Gaussian multiplicity fluctuations in an energy scan, which would be a clear signature for the existence of a critical point. In fact, at vanishing chemical potential it has been shown that moments of conservative charge distributions are sensitive indicators for the occurrence of a transition from hadronic to partonic matter [5] .
Recently, great interest both experimentally [6] and theoretically [7] [8] [9] has been aroused on the higher order moments of net-baryon distributions in heavy ion collisions at the BNL Relativistic Heavy Ion Collider (RHIC) energies. The theoretical interest on these higher order moments comes from the discovery of the relation between the moments and the thermal fluctuations near the critical points for the produced quark matter. If some memory of the large correlation length in the quark matter sate persists in the thermal medium in hadronization process, this must be reflected in higher order moments of the distributions. Theoretical prediction [11] showed that the third moment, called skewness, is proportional to ξ 4.5 and that the fourth moment, or kurtosis, proportional to ξ 7 while the second moment proportional to ξ 2 . More importantly, the moments are closely related to the susceptibilities of the thermal medium. Thus the higher order moments have stronger dependence on the correlation length ξ and are therefore more sensitive to the critical fluctuations. Recently STAR Collaboration has published experimental data on the higher order moments [12] for different colliding systems at different colliding energies for different colliding centralities. It has been argued that the net-proton distribution can be a meaningful observable for the purpose of detecting the critical fluctuations of net baryons in heavy ion collisions [10] . This statement makes experimental investigation of netbaryon fluctuations much easier, because neutrons and strange baryons cannot been detected easily/effectively in experiments. Based on theoretical and experimental investigations, it has been argued that information of QCD phase diagram and the critical point can be obtained from the energy dependence of those moments [7] .
The moments of net-proton distributions have been studied recently by quite a few groups with different event generators such as A Multi-Phase Transport (AMPT) and Ultrarelativistic Quantum Molecular Dynamics (UrQMD) [9] , Heavy Ion Jet INteraction Generator (HIJING) [13] , and hadron resonance gas model [14, 15] etc. Some other authors tried to search the statistical and dynamical components in the net-proton distributions in [16] , where the statistical distributions for both proton and anti-proton are assumed Poissonian and the departure from Poisson distributions is regarded as the dynamical influence. One should pay attention that the use of independent Poisson distributions for proton and anti-proton implies that protons and anti-protons are produced completely uncorrelated. Therefore the baryon number conservation may be violated in any event. On the multiplicity distribution of hadrons, a canonical ensemble is employed in [17] to derive the number distribution for π systems. This is reasonable because there are a lot of π particles in the final state of heavy ion collisions. But a simple transportation of the method to the case for baryon production may be problematic, because the relevant baryon particle number may be not large enough for an equilibrium statistical description. In Ref. [18] the net-proton distributions in Au+Au collisions at √ s N N = 200GeV are studied from very simple but well established physics considerations: baryon stopping and baryon pair production. For a given mean net-proton number from initial nuclear stopping, the initial proton number is assumed to satisfy a Poisson distribution. From the produced baryon pairs, the joint distribution for the newly produced proton and antiproton can be derived. Then one can obtain the netproton distribution in the final state of heavy ion collisions. Good agreement with experimental data has been obtained for Au+Au collisions at three colliding centralities at √ s N N = 200GeV. This paper is an extension of the work in Ref. [18] by studying the moments of net-proton distributions in a given central rapidity window in Au+Au collisions at lower RHIC energies at different centralities. This paper is organized as follows. In next section, we will address our model and the physics points for the centrality dependence of parameters. Using an analytical expressions for the net-proton distribution derived in Ref. [18] we will show that the moments of the distribution up to fourth order can all be well described by our model with suitably chosen parameters for four colliding energies in Au+Au collisions at RHIC. In section III, our model results for the moments are compared with the experimental data from STAR Collaboration. The net-proton distributions for Au+Au collisions at √ s NN =39 GeV are presented for three centralities. Then in section IV, we discuss the energy dependence of the parameters and give parameterizations for such dependence. Then we extrapolate the dependence to the CERN Large Hadron Collider (LHC) energy and predict the net-proton distributions for Pb+Pb collisions at different colliding centralities for √ s NN =2.76 TeV. The last section will be for a brief summary.
II. MODEL CONSIDERATION FOR THE CENTRALITY DEPENDENCE
Nuclear stopping plays an important role in heavy ion collisions and the study of such effect is a fundamental issue, since this effect is related to the amount of energy and baryon number that get transferred from the beam nucleons into the reaction zone. We denote B the mean net-proton number in the final state distribution. As can be seen from our model consideration, B comes only from the initially stopped protons. In nuclear-nuclear collisions the mean net-baryon number B in central rapidity region would be zero if there were no nuclear stopping in the processes. Another physics point we consider in Ref. [18] and here is baryon pair production in the interactions. We denote µ the mean number of produced baryon pairs within a given kinematic region in the collisions at given colliding centrality. By assuming that baryon pairs are produced independently, the pair number distribution is of Poissonian. With isospin conservation, one can derive a simple analytical formula for the net-proton number ∆p distribution P (∆p) as a function of B and µ as [18] 
Now we study the centrality dependence of B and µ. Because the nuclear stopping effect results from the interactions between a passing nucleon with other nucleons on its way in a nuclear-nuclear collision, the baryon number stopped in a given kinematic region is closely related to the number of participant nucleons N p . In more central collisions the stopped net baryon number will be larger. In nuclear-nuclear collisions, if every nucleon from a nucleus suffers exactly the same interactions, the stopped proton number would be B ∝ N p . Of course, the real case is not so simple. Because multiple scattering effect is more important for more central collisions, a little larger B/N p can be expected for more central collisions. On the other hand, the stopped net-proton can be detected only in the final state, or in other words, after evolving with the system for some time. During the evolution of the system, the net-proton may diffuse into a kinematic region out of our interested window. For central collisions, the evolution time is longer and such diffusion effect is more obvious. This effect would reduce B/N p for central collisions. The real proportional factor B/N p is a result from the competition of the two effects: initial multiple scattering and later baryon number diffusing. Therefore, the factor B/N p should have a weak centrality dependence. Thus one may parameterize the centrality dependence of B as
with a 1 and a 2 depending on the colliding energy of the system. While a 1 is always positive, the magnitude of a 2 should be small and a 2 can be negative or positive, depending on whether multiple scattering is more important than baryon number diffusion or the opposite. For the baryon pair production, similar physics considerations apply also. The probability for a baryon pair production near a point in the system is determined by the energy density at that point. If the energy density of the hot strong interacting matter is uniform and the same for all colliding centralities, one may expect µ proportional to the volume of the system, thus µ ∝ N p . But the initial energy density is higher for more central collisions due to stronger nuclear stopping effect, a larger µ/N p is expected for more central collisions, if the nuclear stopping is the only physics in the process. On the other hand, as in the consideration for B, the energy diffusion from central to non-central rapidity region will reduce the value of µ/N p . The competition of these two effect results in a behavior of µ as a function of N p similar to that of B. Therefore we parameterize the colliding centrality dependence of µ as
with b 1 and b 2 also depending on the colliding energy. As for a 2 , the value of b 2 should be very small but can be positive or negative due to the competition of initial energy stopping and diffusion in the evolution of the system.
With the above four parameters, one can calculate the net-proton distribution and all the associate moments for any colliding centrality for given center of mass energy of the colliding system.
III. COMPARISON WITH THE EXPERIMENTAL DATA
For Au+Au collisions at RHIC energies, we investigate the moments up to fourth order for the distribution of net-proton in the central rapidity window |y| < 0.5 as functions of N p by using our model described in the last section. The fitted results from our model for the moments are shown in Figs. 1-4 for the mean, variance, skewness and kurtosis for four colliding energies √ s NN =19.6, 39, 62.4 and 200 GeV. The fitted parameters are tabulated in TABLE I. It can be seen that our simple model can describe quite well the centrality dependence of moments for the four energies with the parameters chosen. From the excellent agreement with the experimental data, one can conclude that our model contains the necessary physics for the net-proton distributions.
With those parameters in TABLE I, one can calculate the net-proton distributions quite easily for different centralities for the four energies as in in Ref. [18] , in good agreement with the STAR data, so will not be presented here. As an example to show the distributions, we present here only the distributions at √ s NN = 39 GeV for Au+Au collisions at different colliding centralities, for later comparison with experimental results.
IV. COLLIDING ENERGY DEPENDENCE OF NET-PROTON DISTRIBUTION
After discussing the net-proton distributions for Au+Au collisions at four different colliding energies, one can discuss the colliding energy dependence of parameters in our model. As we discussed in Sec. II, the values and their dependence on the colliding energy can tell us some physics in the colliding process, especially the competition of effects from the initial multiple scattering and later baryon number transportation. With the increase of colliding energy, the stopped baryon number in the central rapidity region will decrease. Thus the value of a 1 will decrease with √ s NN . Though the energy fraction stopped in the central rapidity region becomes smaller at higher colliding energy, the energy density in that region still increases with the increase of √ s NN can be complicated. Both the effects from the initial multiple nucleon-nucleon scattering and later baryon/energy diffusion become stronger with the increase of √ s NN , but their rates of increase may be different. For a given increase of √ s NN , if the initial multiple scattering becomes more important, |a 2 | (|b 2 |) will increase with √ s NN in the region with negative a 2 (b 2 ). Otherwise, |a 2 | (|b 2 |) will decrease in the same region. For √ s NN → ∞, the interaction duration in the produced matter will very long and the diffusion effect will be much stronger than that from initial multiple scattering. Then one can expect a 2 and b 2 approaching some positive saturating values, implying that B/N p and µ/N p is smaller for central collisions when √ s NN is high enough. To see the colliding energy dependence of the four parameters, we plot the fitted parameters shown in TABLE I as functions of √ s NN in GeV. The plots are shown in Figs. 6 and 7. The shown dependence of the parameters on the colliding energy can be described by the following expressions
The functional form for a i and b i (i = 1, 2) are chosen to satisfy the demands from the physics considerations in the last paragraph. With the above expressions for the energy dependence of the parameters, it is straightforward to calculate the values of those parameter at the LHC energy √ s NN =2760 GeV. By assuming that our model can be applied to that energy, one can calculate the net-proton distributions at that energy for different colliding centralities. The obtained distributions are shown in Fig. 8 . The values of N p used in the calculation are from [19] .
In all considerations up to now, we only discussed the net-proton distributions in the central rapidity region |y| < 0.5. Because of the diffusion of baryon number and energy from central to non-central rapidity region, the parameters a 2 and b 2 show complicated behaviors as functions of colliding energy. If we consider the netproton distributions in the non-central region, |y| > 0.5 for say, the same physics arguments apply and one can expect that the distributions can also be described by Eq. (1) with centrality dependence of parameters B and µ being given by Eqs. operate with the multiple scattering effect. Then a 2 and b 2 will be negative for all colliding energies and all A+A collisions. This statement can be tested experimentally.
V. CONCLUSION
We studied the net-proton distributions for Au+Au collisions at four colliding energies for √ s NN from 19.6 to 200 GeV at different centralities. Based on some physical arguments, the parameters in our model are parameterized as functions of centrality and energy. The higher order moments for the distributions are in good agreement with the experimental data. Prediction for the netproton distributions at LHC energy √ s NN =2.76 TeV is presented for different centralities. The net-proton distribution in a non-central rapidity region and its dependence on centrality are discussed. It should be mentioned that nothing else is assumed in this model except an initial stopped net-proton and a finite probability for producing baryon pairs from the produced matter. Therefore, our model has nothing to do with thermal equilibrium and/or critical fluctuations. Because our model consideration is based on normal physics effects, our results can be used as a baseline for detecting novel physics in the processes.
